2 Coercive bilinear forms

Diagram 2
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'H = Hilbert space over R with inner product (, ) and norm || || := (, )'/2

Go= [ e=T, dt

(T})e>0 strongly continuous
contraction semigroup on H

0
(cf. 1.10)

T; = lim et(@Ga=1) ¢ 5

=+

(e7*TC)ss0 is the restriction
of a holomorphic contraction
semigroup on Hc

“Hille-Yosida” (cf. 1.12)

(Ga)aso strongly continuous
contraction resolvent on H

[(Gru,v)| <
const - (Gqu, u)'?(Gyv, v)1/?

“Hille-Yosida” | |L := ltiré]%(Tt -1) E(u,v) = Ea(Gau,v)
(vic(z;esolve)nt) (le 1.8) ,Gh—.ngo B(u— BGgu,v) = (u,v),
cf. 1.12 ¢ 11 u e H,
(cf. 2.13(iii)) R
L:i=a- G;l Gy = (a — L)_l, (Cf 28)
(cf. 1.5) a>0 (cf 1.3)

(L(D(L)) densely defined,
(closed) linear operator on H
s.t.

(i) 10, 00[C p(L)
(it) lafa = L)' <1

(11) |((1 = L)u,v)| < const.-
(1 = L)u,u)t/2
(1 = L)v,v)*/?

D(L) :={ue D(&)|3Lu
€ Hs.t. E(u,v) = (—Lu,v)
Vv € D(E)} (cf. 2.16)

E(u,v) := (—Lu,v),
u,v € D(L)
& completition (cf. 2.15)

(E,D(E)) coercive closed form|
onH

(cf. 2.4)




